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Abstract:
In order to extend the Coherent Perfect Absorption (CPA)
phenomenology to broadband operation, the interferometric control of
absorption is investigated in two-port systems without port permutation
symmetry. Starting from the two-port theory of CPA treated within the
Scattering Matrix formalism, we demonstrate that for all linear two-port
systems with reciprocity the absorption is represented by an ellipse as
function of the relative phase and intensity of the two input beams, and it
is uniquely determined by the device single-beam reflectance and transmittance, and by the dephasing of the output beams. The basic properties
of the phenomenon in systems without port permutation symmetry show
that CPA conditions can still be found in such asymmetric devices, while
the asymmetry can be beneficial for broadband operation. As experimental
proof, we performed transmission measurements on a metal-semiconductor
metamaterial, employing a Mach-Zehnder interferometer. The experimental
results clearly evidence the elliptical feature of absorption and trace a route
towards broadband operation.
© 2015 Optical Society of America
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1.

Introduction

The issue of full optical switching, that is, controlling the flow of a light beam with another light
beam, is a fundamental building block of optical networks. This kind of light modulation can
be achieved in a multi-port lossy optical system, relying on the phenomenon named coherent
perfect absorption (CPA). CPA consists of the complete dissipation of the input optical power
occurring when the amplitude and phase of one input beam have a well-defined relation with
the amplitudes and phases of the other beam(s), provided that the determinant of the scattering
matrix of the system is vanishing. This phenomenon has a neat theoretical interpretation, as
it corresponds to the time-reversal of a laser at threshold [1]. In addition, studies on the role
of combined parity and time symmetries further highlight the potential of complex, multi-port
optical devices [2,3], bringing CPA and related phenomena to the interest of a broad community
in physics and engineering. While the above phenomena deal with classical wave optics, the
extension of the CPA concept to the quantum world deserves an interest on its own, since an
apparent two-photon absorption mechanism has been predicted to occur in properly tailored
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linear absorbing beamsplitters [4–6].
The simplest CPA device is a symmetric, free-standing slab of absorbing material, whose
thickness and (complex) refractive index are properly tuned to implement the zero determinant condition [7]; at the target resonance wavelength, light absorption into the slab can be
modulated in full by means of the input beams dephasing. For off-resonance wavelengths the
modulation is much smaller, and a CPA bandwidth can hence be defined. Indeed, this bandwidth
is connected to the resonance decay time of the photonic resonator loaded by the non-radiative
losses. In order to achieve the CPA condition these non-radiative losses need to be matched
with the bare resonator radiative losses [8]. In other words, the CPA is the generalization to
multi-port systems of the well known critical coupling condition [9], which plays a fundamental role in the optimization of a wide class of devices, from antennas and radiation detectors
[10] to microresonators [11, 12], thermal emitters [13, 14], and solar cells [15].
To date, the majority of CPA devices that have been experimentally demonstrated exhibit a
strict permutation symmetry between the two ports and a narrow bandwidth, and the proposals
of wide-band CPA only have theoretical character [16, 17]. In the first part of this work, we report about a general analysis of coherent absorption modulation in two-port reciprocal systems,
with a clear graphical interpretation of the role of device asymmetry, and point out some properties which can improve the device flexibility for broadband applications. Triggered by previous
studies on periodic structures, either purely dielectric [18], purely metallic [19], or embedding
graphene components [20], in the experimental part we propose to exploit the plasmonic resonance of a thin metal-dielectric metamaterial, consisting of a subwavelength titanium grating
supported by a gallium arsenide membrane, to demonstrate coherent modulation of absorption
over a bandwidth of 1/10 of the central resonance frequency. Experimental evidence is provided, and supported by numerical simulations performed with rigorous coupled-wave analysis
[21].
2.

General theory of coherent control of absorption in two-port reciprocal systems

Consider a linear two-port system like that schematized in the upper left panel of Fig. 1, driven
by coherent input beams through the ports, i.e., through the scattering channels. Outside the device, the electromagnetic field can be described by the complex amplitudes of input and output
fields, s±
1,2 . Provided that a proper normalization is employed, these amplitudes are connected
in,out
2
= |s±
with the electromagnetic power flux entering or leaving the device: I1,2
1,2 | . Depending
on the physical system, the input and output ports correspond to plane waves (in the case of a
multilayer), to diffraction channels (in the case of a grating), to waveguide modes (in the case
of integrated optical circuits), or to more complex far-field wave patterns (like the spatial harmonics in systems which exhibit a cylindrical or spherical symmetry). The theory that follows
handles in a general way all the above situations, provided that only two input/output channels
are coupled at a time.
In terms of the scattering matrix, input and output amplitudes are related by
 −
 +
s1
s
= S 1+
(1)
s−
s2
2

where S depends on the device structure and on the frequency of the monochromatic input
beams. Without loss of generality, if the system is reciprocal [22, 23] the scattering matrix can
be parametrized as
 iψ

1
iτ
iφ ρ1 e
S=e
(2)
iτ
ρ2 eiψ2
2 are the reflectances and τ 2 is the transmittance of the device. Notice that for a system
where ρ1,2
which is symmetric for the exchange of ports 1 and 2 one has ρ1 = ρ2 and ψ1 = ψ2 .
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Fig. 1. Coherent absorption control in a linear two port scattering system with reciprocity. In
the upper-left panel a general schematic is presented, with the scattering properties defined by a
matrix S. If the two inputs are coherent, the total absorption A j = 1 − Iout /Iin can be controlled
+
by means of their relative phase γ = arg (s+
2 /s1 ) and access all values delimited by an ellipse as
2
+ 2
+ 2
+ 2
function of their normalized relative intensity x = (|s+
1 | − |s2 | )/(|s1 | + |s2 | ), as illustraded
by the graph in the upper-right panel. For fixed x, absorption can assume all different values
along the vertical line delimited by the ellipse simply varying the phase difference γ. On the
contrary, total absorption in the presence of two incoherent inputs is described by a straightline
connecting A2 to A1 , with no possibility to be controlled by γ.
Being interested in the energy fluxes through the system, we write the total output intensity
(I out = I1out + I2out ) observed when the device is driven by two coherent fields dephased by γ =
+
arg(s+
2 /s1 ) as
2
− 2
I out = |s−
1 | + |s2 | =
2
2 + 2
+ +
2
(ρ12 + τ 2 )|s+
1 | + (ρ2 + τ )|s2 | + 2|s1 ||s2 |τ

q

ρ12 + ρ22 − 2ρ1 ρ2 cos (ψ1 + ψ2 ) sin(γ + δ ).
(3)
The last term accounts for the interference induced by the coherent nature of the input beams.
It depends on the input field dephasing, but also on a device-specific phase δ , which explicitly
reads as
ρ2 sin (ψ2 ) + ρ1 sin (ψ1 )
.
(4)
tan δ =
ρ2 cos (ψ2 ) − ρ1 cos (ψ1 )
Defining the joint absorption as the fraction of energy absorbed when the system is driven
by the coherent beams, from Eq. (3) and applying straightforward algebraic manipulation one
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obtains

I out
=
I in
p
1+x
1−x
A1 +
A2 − 1 − x2 AM sin (γ + δ ),
2
2

Aj = 1−

where
AM =

q
(1 − A1 )(1 − A2 ) − |det S|2

and
x=

+ 2
2
|s+
1 | − |s2 |
+ 2.
2
|s+
1 | + |s2 |

(5)

(6)

(7)

Equation (5), which describes an ellipse in the plane (x, A j ) (see Fig. 1), encloses in a compact
form a number of significant features. First, when the parameter x equals ±1, i.e. when the
system is driven from a single port, the joint absorbance reduces to the ordinary single-beam
2 − τ 2 . As far as |x| is moved toward smaller values, i.e., when the
absorbances A1,2 = 1 − ρ1,2
excitation becomes more symmetric, the absorbance is modulated by the input beams dephasing; the depth of such modulation is quantified by the parameter AM . This phenomenon can be
referred to as coherent control of absorption, and is a precursor of proper CPA. Analyzing Eq.
(5), or Fig. 1, it turns out that the maximal absorption modulation always occurs when x = 0,
regardless of the system asymmetry. Meanwhile, minimum and maximum joint absorption are
reached when x = xmin,max , a symmetrically placed pair of points whose explicit expression is
given by
xminr
= −xmax
xmax = ±

(A1 −A2 )2
4A2M +(A1 −A2 )2

(8)

where the plus (minus) sign applies when A1 > A2 (A1 < A2 ).
In general, the minimum and maximum values of joint absorption are neither zero nor unity;
consistently with the theory presented in [1], it can be shown that unity absorption occurs if and
only if det S = 0, also when the device is asymmetric (Fig. 1, lower panel). But instead of ρ = τ,
ψ = (2m + 1)π/2 (m can be any integer number), the conditions on the scattering coefficients
are now relaxed to τ 2 = ρ1 ρ2 , ψ1 + ψ2 = (2m + 1)π. Such device may also simultaneously
show both unity and zero absorption (which we call coherent perfect transparency, CPT, in
accordance to [8]); however, only a symmetric device allows for the sweep between CPA and
CPT by a simple phase modulation. Recalling Eq. (4), it can be noticed that such a symmetric
device exhibits CPA when the input beam dephasing is either γ = 0 or γ = π, as known from
previous reports in the literature [1, 7].
By analyzing Fig. 1 (lower panels), a set of constraints on the single-beam absorbances can
also be deduced. Indeed, in order to achieve the CPA, a passive device must show (A1 +A2 )/2 >
0.5; on the other hand, CPT is reachable only if (A1 + A2 )/2 < 0.5. The compresence of CPA
and CPT requires the strict condition (A1 + A2 )/2 = 0.5, which is a significant relation in that it
connects quantities accessible in an ordinary single-port excitation experiment with the device
response to coherent excitation. The above relations are only necessary but not sufficient in
order to observe CPA, since proper phase relations on the scattering matrix coefficients must
also be fulfilled. They can be employed however in fast pre-screening single-beam experiments.
Another property related to the asymmetry of the system can be deduced from Eq. (6). We
want to find the conditions upon which AM = 0. Using Eq. (3), AM can be rewritten as
q
AM = τ ρ12 + ρ22 − 2ρ1 ρ2 cos (ψ1 + ψ2 ).
(9)
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Apart from the solutions τ = 0 and ρ1 = ρ2 = 0, introducing the variable
y=

ρ12 − ρ22
,
ρ12 + ρ22

(10)

a third solution is found to be
1

cos (ψ1 + ψ2 ) = p

1 − y2

,

(11)

which can be verified if and only if y = 0, that is to say, if ρ1 = ρ2 . Indeed, the case of zero modulation can be avoided with asymmetric devices, which makes them more flexible for broadband
applications.
3.

Experimental evidence of a two-port broadband coherent absorber based on a plasmonic metamaterial

Fig. 2. Experimental setup and schematic of the sample. Radiation generated by a tunable diode
laser is split in two and focused onto the opposite sides of the sample. The relative phase and
intensity of the two input beams are controlled respectively by a neutral density filter wheel and
a liquid crystal device driven by a voltage sweep. The total output intensity is then collected by
a detector. A HeNe laser is employed for alignment purposes. Lower-right panel: SEM image
of a cleaved sample.
As a prototype of broadband coherent absorber, we analyzed a thin plasmonic metamaterial
based on the subwavelength grating geometry sketched in Fig. 2. It consists of a periodic array
of titanium stripes lying on a gallium arsenide suspended membrane. The device is characterized by titanium and gallium arsenide thicknesses dTi and dGaAs , by the periodicity a, and by
the filling fraction f , which is defined as the ratio between the volume fraction of titanium an
the volume fraction of air.
If the device is driven by two counterpropagating beams normally incident on the surface, it
can be considered as a two-port device in the sense that only the zeroth diffraction order propagates in the far field outside the sample, according to the Helmholtz equation in vacuum. Inside,
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a complex interplay between modes supported by the metal-air and metal-semiconductor interfaces leads to a broadband absorption band centered in the 900 - 1000 nm wavelength range.
The fine tuning of the sample parameters dTi , dGaAs and a relies on a numerical optimization
of the CPA-related parameters AM and det S introduced in the previous Section. As numerical
modeling tool we employed the rigorous coupled-wave analysis (RCWA), in an implementation
which ensures fast convergence for the TM polarization, i.e., when it is imposed that the sole
H 6= 0 field component is that parallel to the pattern stripes [21]. From the simulations it turned
out that the optimal parameters are dTi = 169 nm, dGaAs = 366 nm, and a = 457 nm. The filling fraction f was not the object of optimization because f = 0.5 is the best value considering
fabrication issues.
The sample is processed starting from a GaAs (001) wafer, on which a ' 500 nm thick
Al0.5 Ga0.5 As layer, followed by the 366 nm GaAs layer, are grown by molecular beam epitaxy.
Then, the Ti layer is deposited via thermal evaporation, and the periodic pattern is defined on
a 200 × 200 µm2 area by means of electron beam lithography and inductively-coupled plasma
reactive ion etching. Finally, through a set of wet etching steps which exploit Al0.5 Ga0.5 As as an
etch-stop layer, the membrane is locally free from the substrate, and the plasmonic metamaterial
can be optically accessed from both sides.
Experimental proof of broadband coherent absorption modulation is provided by measuring
the total output intensity from the sample in presence of two counterpropagating input beams.
To this aim, we built a Mach Zehnder interferometer, as shown in Fig. 2. As coherent light
source, a Toptica DL100 grating-coupled diode laser, tunable from 908 to 983 nm, is employed;
the beam is linearly polarized using a Glan Thompson (200000 : 1) polarizer. After passing the
first beamsplitter, the laser radiation is separated in two beams of approximately equal intensity.
In order to explore the full dynamics predicted by the general theory of Section 2, we had to
modulate the relative phase and intensity between the input beams. To this aim we placed a
liquid crystal phase delay modulator across one of the two paths, and a filter wheel alternatively
in one of the two paths. The two input beams are then focused using two achromatic doublets
with 400 mm focal length, in a way that the two beam waists cover the sole patterned area of
the sample. The output beams are eventually directed onto a detector; in order to avoid mutual
interference of these beams on the detector surface, the two output paths are slightly displaced
(not shown in the figure).
First proof of coherent control of absorption was observed for fixed laser wavelength λ =
945 nm. The results are shown in Fig. 3, where we plotted the two beam relative intensity on
the horizontal axis, and the joint absorption on the vertical axis, in order to prove our theoretical
predictions of Eq. (5).
The blue and light blue dots represent respectively the maximum and minimum experimental
values of joint absorption. Following from Eq. (5), two ellipses are calculated. The dashed
grey line is the ellipse resulting when the absorption coefficients are calculated through RCWA
analysis, while the solid grey line is obtained by using the experimental values for A1 , A2 and
AM . The general agreement between the experimental features of the joint absorption and the
elliptical behavior predicted in the general theory clearly appears (Sect. 2 and Fig. 1). The
disagreement between the RCWA calculations and the experimental results does not weaken
the predictions of the general theory: the RCWA employed in this work derives the solution of
Maxwell’s equations for plane waves normally incident on a one dimensional grating made by
perfectly vertical slabs, smooth surfaces, and materials having dielectric constants taken from
the literature [24, 25]; more sophisticated methods which account for surface roughness and
more complex spatial distribution of the incident radiation may improve the predictions on the
fields and then on the scattering coefficients. Nevertheless, even if the sample does not show
the full features expected by design, the elliptical behavior of joint absorption is preserved, as
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Fig. 3. Maximum and minimum joint absorption as function of input beams relative intensity.
The elliptical feature predicted in the general theory (Sect. 2 and Fig. 1) is clearly observed
in the experiment. The dashed line is obtained through the rigorous coupled wave analysis
(RCWA). The mismatch with the measured set is attributed to the roughness of the interfaces
resulting from the etching processes, the bending of the sample due to the strain at the interface
between Ti and GaAs, the complex spatial distribution of the incident beams, which RCWA
does not account for, in addition to the possible mismatch between the dielectric constants
employed, taken from the literature [24, 25], and their actual values.

it is the signature of a general two port system, regardless of the particular values assumed
for the scattering coefficients. The solid line ellipse has a fairly different meaning, as it is
obtained from the experimental values of absorption. Once the single beam absorption and the
modulation depth are known the experimental ellipse can be completely described.
In the second part of the experiment the broadband operation of the plasmonic metamaterial
is demonstrated; the two input beam intensities are fixed to be equal, while the wavelength
is swept across the accessible spectral range of the laser source. On the left side of Fig. 4,
the experimental data are reported; again blue and light blue points represent the measured
maximum/minimum absorption values, while the black points show the measured values for
(A1 + A2 )/2, i.e. the average of the single beam absorption values. This demonstrates that the
symmetries reported in Fig. 3 are preserved for all the probed wavelengths. On the right side of
Fig. 4, the RCWA calculations are presented, which predict coherent absorption control through
the whole broad spectrum thanks to the plasmonic nature of the EM resonance. The reduced
thickness of the sample combined with its heavy ohmic losses provided by the titanium stripes
ensures in fact a broad resonance, with A1 and A2 sufficiently high, while the phase difference
between the two output beams varies smoothly by moving the wavelength away from resonance
[9]. A similar behavior was observed experimentally for all the eleven selected wavelengths.
The disagreement between experimental data and theoretical calculations could be traced back
to possible back-reflections of the input laser beams into the diode cavity; the corresponding
instabilities of emitted power likely lead to a partial deformation of the scattering spectrum. For
this reason, a precise range of the achieved modulation bandwidth cannot be stated, although
it roughly spans tens of nanometers. It is important to note that the measured single beam
absorbances are consistent with the measured A j,max and A j,min within a two port picture of
the system. Even if the modulation depth is not as pronounced as the RCWA predictions, it is
observed through the whole spectrum considered. The absorption is maximally modulated at
λ = 945 nm, with an excursion of 30%, while the extremes of the spectrum, λ = 908 nm and
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Fig. 4. Joint absorption spectrum, experimental results (left) and theoretical predictions (right)
obtained through RCWA. Incident beams have fixed equal intensity. In both cases the symmetry
predicted in the general two port theory is preserved. The broad operation band is attributed to
the plasmonic resonance of the sample. The disagreement between measured and predicted
values is due to the back-reflection of signal into the cavity of the laser as the sample is put into
the setup.

λ = 983 nm, still exhibit an excursion of 15% and 20% respectively.
4.

Conclusion

In summary, we developed an analysis on two-port reciprocal systems without permutation
symmetry between the two ports, which usually applies to this class of devices. We found that,
regardless of geometry, absorption features and far-field wavepattern, the joint absorption is
represented by an ellipse as function of three experimentally accessible parameters: the absorptions related to single port input, and the modulation depth when the two input beams have
equal intensity. Moreover, CPA conditions are loosen and the condition of zero absorption modulation can be avoided. Using a metal-dielectric metamaterial we have observed the predicted
elliptical feature of absorption, confirming it as an easy-to-use test for full characterization of
samples whose working principle is the coherent control of absorption. Relying on plasmonic
resonances in the near infrared spectral region, broadband coherent absorption control has been
observed with an operational bandwidth of ∼ 1/10 the central wavelength. Although the experimental results on broadband control of absorption suffered strong deviations from the RCWA
calculations, they prove that asymmetric devices can be a flexible alternative to symmetric devices.
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